We state and prove a claim of Ramanujan. As a consequence, a large new class of Saalschützian hypergeometric series is summed in closed form.
Note that S(z) coincides with Ramanujan's hypergeometric series when the variable z is replaced by n . When the parameter a is a nonpositive integer, the series terminates, and in this case we have the following theorem.
Theorem. Let a = -k, where k is a nonnegative integer. Then, for every complex number z, Before proving the theorem, some preliminary remarks are in order. When z = n is a nonnegative integer, the series (2) reduces to
which can be recast in the form (5) n/? + i)
by means of Gauss's multiplication formula. Observe that 2n+2F2n+i in (5) is Saalschiitzian for n > 0, i.e., the sum of the denominator parameters exceeds the sum of the numerator parameters by 1 . Thus, for each positive integer n , 2n+2p2n+i converges for all complex a, ß, m by the previously cited remarks on convergence. Askey observed that in the form (5) the terminating case with n = 1 follows readily from an unpublished result of Askey and Ismail [1] . By utilizing Euler's evaluation of the Beta integral and a transformation of Pfaff, they showed that if Re(d) > Re(a) > 0 and k is a nonnegative integer, then a+ 1
As Askey observed, if c tends to k + d, the expression on the left becomes a 4F3 of the form occurring in (5) with n = 1. The expressions on the right are easily evaluated using the fact that lim 2FX
We are grateful to the referee for pointing out that the aforementioned 4F3 transformation of Askey and Ismail is a specialization of a result due to 
The condition Re(-a-ß-j(n + l)) > 0 is certainly satisfied if Re(ß) < -nk. For now, assume this. Then (6) and (7) imply that Hence, for all positive integers n, if Re(ß) < -nk, (3) holds. Since both sides of (3) define meromorphic functions of ß for fixed n , m and a = -k , the restriction Re(ß) < -nk may be removed by analytic continuation. By our earlier remarks, this completes the proof of the theorem.
In general, if S(z) is nonterminating, (3) When a is a nonpositive integer, (9) and (10) must be equal, as we have seen. Indeed, they both vanish when a is a negative integer. However, it is clear that (9) and (10) are unequal for nonintegral a; (10) vanishes while (9) does not. We have used MAPLE to calculate several other nonterminating examples and found no instances when (3) is valid.
